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Superscattering of Light in Refractive-Index Near-Zero Environments
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Abstract—Enhancing the scattering of light from subwavelength structures is of both fundamental
and practical significance. While the scattering cross section from each channel cannot exceed the
single-channel limit, it is recently reported that the total cross section can far exceed this limit if one
overlaps the contribution from many channels. Such a phenomenon about enhancing the scattering from
subwavelength structures in free space is denoted as the superscattering in some literature. However, the
scatterer in practical scenarios is not always in free space but may be embedded in environments with
non-unity refractive index n. The influence of environments on the superscattering remains elusive.
Here the superscattering from subwavelength structures in the isotropic environment with near-zero
index are theoretically investigated. Importantly, a smaller n can lead to a larger total cross section
for superscattering. The underlying mechanism is that a smaller n can give rise to a larger single-
channel limit. Our work thus indicates that the scattering from subwavelength structures can be
further enhanced if one simultaneously maximizes the single-channel limit and the contribution from
many channels.

1. INTRODUCTION

The electromagnetic scattering, as a ubiquitous physical process in our daily life, has wide practical
applications in various fields [1–15], such as telecommunications, photonics, biophysics, nanotechnology,
material science, and military facilities. The absolute scattering cross section [16–19], which is the ratio
of the total scattered power over the intensity of incident waves, is a key parameter to quantitatively
characterize the electromagnetic scattering. As such, it is of fundamental importance to flexibly control
the scattering cross section [5, 20–27], particularly to enhance the scattering cross section for tiny (e.g.,
subwavelength) object [6, 22, 26, 28–30]. However, the maximum theoretical value of scattering cross
section from each channel in free space can only reach 2λ0/π in two dimensions (2D) or (2m + 1)λ2

0/2π
(m is an integer) in three dimensions (3D) [16, 17, 31–34], where λ0 is the wavelength of light in free
space. Such a scattering limit is denoted as the single-channel limit in some literature [16, 17]. To
overcome the single-channel limit, the phenomenon of superscattering from subwavelength structures
in free space was theoretically proposed in 2010 [16] and was observed in experiment in 2019 [34]. The
superscattering can allow the subwavelength structures to achieve their total cross section far exceeding
the single-channel limit. The underlying mechanism of superscattering is the degenerate resonance or to
overlap the scattering contribution of many channels at the same frequency. As such, the superscattering
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provides us an exotic way to enhance the light-matter interaction at the subwavelength scale in free
space, and it would have wide practical applications ranging from sensing, optical imaging, optical
tagging to spectroscopy.

On the other hand, it is necessary to note that not all scatterers are in free space. There
are many scattering phenomena (e.g., fluorescence imaging) [35] existing in complex environments.
Correspondingly, the designed scatterers may be embedded in homogeneous environments with non-
unity refractive index n �= 1 (e.g., liquids) and even in inhomogeneous environments (e.g., waveguides,
photonic crystals, and biological tissues) [35–43], depending on the application scenarios. It is then
important to explore the possibility of realizing the superscattering in various environments. Moreover,
it would be fundamental to explore the influence of environments on the superscattering. In spite of
fundamental interest, these issues remain unexplored yet.

In this work, we theoretically investigate the superscattering from subwavelength structures in
transparent and isotropic environments with n < 1, especially for those with n → 0. Importantly,
we find that the superscattering in lower-index environments can enable a much larger total cross
section for subwavelength structures. We note that in environments with near-zero index, although
the superscattering was not achieved before, the extraordinarily large cross section for individual nano-
resonators is known to be theoretically achievable as reported in 2015 [33]. The underlying mechanism
for the extraordinarily large superscattering in low-index environments, in accordance with Ref. [33], is
that the environment with a lower value of n can give rise to a much larger single-channel limit. Our
work suggests that the combined optimization strategy of the single-channel limit and the contribution
from many channels could provide a powerful way to largely enhance the scattering from tiny objects. As
such, our proposed design strategy can provide useful guidance to strengthen light-matter interactions
at the subwavelength scale, and it can benefit a wealth of applications requiring large scattering, such
as the design of nano-antennas, energy harvesting, and nano-photonics.

2. MAIN RESULTS

We begin by briefly revisiting the scattering in environments with low or near-zero index. In experiments,
the transparent or low-loss environments with low or near-zero index can be effectively constructed, for
example, by waveguides [36, 37, 43], doped epsilon-near-zero materials [44, 45], photonic crystals with
Dirac cones [35], and metamaterials [46–49]. For conceptual clarity, we consider the superscattering from
a 2D subwavelength rod in the transparent environment [inset in Figure 1]. Meanwhile, we consider the
incidence of transverse-magnetic (TM, or p-polarized) plane waves. According to the electromagnetic
wave theory, the total magnetic field in the surrounding environment in the cylindrical coordinates can
be written as

Hz, total = ẑH0

∑∞
m=−∞

(
imJm(kρ)eimφ + imSmH(1)

m (kρ)eimφ
)

(1)

In above, H
(1)
m and Jm are the mth order of Hankel function and Bessel function of the first kind,

respectively. k = nω/c =
√

εrμr ·ω/c is the wave vector of light in the surrounding environment, and we
simply let εr = μr > 0 in the analysis, where εr and μr are the relative permittivity and permeability
of environment, respectively; ω is the angular frequency; and c is the speed of light in free space. The
unknown parameter Sm, namely the scattering coefficient of the mth angular momentum channel, can
be analytically solved by matching the boundary conditions [27, 34].

If we let the magnitude of the incident magnetic field to be H0 =
√

Watt
meter

ωε0εr
2 [16, 27, 34], the

corresponding total scattering cross section CSCS can be derived as follows

CSCS =
∑∞

m=−∞ CSCS, m (2)

CSCS, m =
2λ0

nπ
|Sm|2 =

2λ0

nπ

∣∣∣∣
Rm − 1

2

∣∣∣∣
2

(3)

where λ0 = 2πc/ω is the wavelength in free space. In Equation (3), CSCS, m represents the scattering
cross section from the individual mth channel; the reflection coefficient Rm in the cylindrical coordinates
is defined as Rm = 1+2Sm [16, 27, 34]. Due to the energy conservation in passive systems, the reflection
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coefficient is subject to |Rm| ≤ 1. Then it is straightforward to obtain the upper limit for all possible
values of CSCS, m in Equation (3). That is,

CSCS, m ≤ 1/n · 2λ0/π (4)

Accordingly, for arbitrary value of n, 1/n·2λ0/π is denoted as the single-channel limit for the scattering in
the environment with refractive index n in 2D [33]. Similarly, one may derive the single-channel limit of
1/n2 · (2m+1)λ2

0/2π for the scattering in the environment with refractive index n in 3D [33]. According
to Equation (3), CSCS, m can reach the single-channel limit if Rm = −1. Importantly, Equation (4)
indicates that a smaller value of n can give rise to a larger single-channel limit. In particular, if n → 0,
the single-channel limit can go to infinity. Such an extremely-large single-channel limit enables the
extraordinarily large cross section for single nano-resonators in low-index environments as theoretically
reported in [33], even without the appearance of superscattering.

Figure 1 shows the theoretical upper limit for the total cross section of subwavelength structures as
a function of the refractive index n of environment. In order to emphasize the contribution of scattering
from the resonance (i.e., m ≥ 1), we define the total cross section without considering the contribution
from channel m = 0 in Figure 1. Figure 1(a) shows that a smaller n or a larger allowed max(|m|)
gives rise to a larger upper limit for the total cross section. To be specific, the upper limit of the total
cross section becomes 2 · max(|m|)/n · 2λ0/π. In other words, a larger single-channel limit and the
maximization of the contribution from more channels enable a larger upper limit for the total cross
section.

As such, it is reasonable to expect that the superscattering in low-index environments [n = 0.5
in Figure 1(c)] would have a much larger total cross section than that of the superscattering in free
space [n = 1 in Figure 1(b)] and that of the non-superscattering in low-index environments [n = 0.5
in Figure 1(d)]. For these three scattering scenarios, we show the flow of Poynting vectors of the
total fields in Figures 1(b)–(d). Correspondingly, the disturbance of subwavelength scatterer to the
power flow of incident waves is the largest in Figure 1(c) among all scenarios. Figure 1 thus implies

(a)
(b)

(c)

(d)

Figure 1. Schematic of superscattering from subwavelength structures in low-index environments.
The 2D scatterer is located in the environment with a refractive index n. (a) Upper limit of the total
cross section for different numbers of channels. The scattering contribution from the channel m = 0 is
artificially neglected for all solid lines but is considered in cases (P1–P3). (b)–(d) Flow of the Poynting
vectors of total fields outside the scatterer. Here the incident TM waves propagate from left to right.
The structural setups of the scatterer in (b) and (c) are the same as that in Figures 3(a) and (b),
respectively. In (d), we replace the scatterer in (c) with a dielectric rod of the same diameter with a
relative permittivity of εd = 1.44. λ0 = 2πc/ω is the operating wavelength in free space.
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that the superscattering in low-index environments can provide a powerful way to achieve extremely
large scattering for subwavelength structures. We highlight that the combined design strategy to
simultaneously enlarge the single-channel limit and the contribution from many channels has never
been demonstrated before.

3. OPTIMIZATION AND SIMULATION

We now proceed to discuss the possible realization of superscattering from subwavelength structures
in low-index environments. As conceptual demonstration, below we consider two different scenarios of
superscattering from multilayered and subwavelength rods in environments with n ≤ 1 in Figures 2–
4. To be specific, one is based on the degenerate resonance of phonon polaritons in a thin slab of
hexagonal boron nitride (BN) [Figures 2–3], and the other is based on the degenerate resonance of metal
plasmons in the metal-dielectric-metal structure [Figure 4]. It is worthy to note that the first theoretical
demonstration of superscattering in free space is just based on the metal-dielectric-metal structure [16],
and the phenomenon of multifrequency superscattering in free space is proposed based on the thin BN
slab [27]. Here the experimental data of permittivity for BN [10, 50, 51] and metals (e.g., copper) [52]
are adopted in the calculation. For conceptual clarity, the imaginary parts of their permittivities are
artificially neglected in Figures 2–4. As complementary information, the superscattering based on the
realistic lossy BN and metals are shown in Figures S1 and S2 in the supporting information, respectively.
In short, the phenomenon of superscattering would survive for scenarios with reasonable amount of loss.

3.1. Superscattering from BN-Based Rod in Different Environments

Figure 2 shows the superscattering of TM waves from the subwavelength and a two-layered rod based
on BN in environments with n ≤ 1. As schematically shown in the inset of Figure 2(a), the two-
layered rod is constructed by the innermost dielectric region, which has a relative permittivity of εd, a
radius of ρ1, and the outmost shell of BN with a thickness of ρ2 − ρ1. As comparison, we consider the
environment with three different refractive indices, namely n1 = 1 in Figure 2(a), n2 = 0.5 in Figure 2(b),
and n3 = 0.3 in Figure 2(c). The superscattering in lower-index environment (e.g., n = 0.1) can be

(a) (b) (c)

Figure 2. Superscattering in low-index environments induced by the degenerate resonance of BN’s
phonon polaritons. (a)–(c) Total cross sections of the subwavelength scatterers in the environment with
(a) n1 = 1, (b) n2 = 0.5 and (c) n3 = 0.3. Here the scattering cross section from channels with |m| > 2
are negligible and the scattering cross section from the channel m = 0 is artificially neglected. The
basic structural setup is shown in the inset of (a). ρ1 and ρ2 − ρ1 are the radius of the innermost
dielectric region and the thickness of BN shell, respectively. After the structural optimization, we have
ρ1 = 1.78µm, ρ2 = 2.65µm and εd = 5 in (a), ρ1 = 1.69µm, ρ2 = 3.29µm and εd = 1.44 in (b),
ρ1 = 1.8µm, ρ2 = 5.88µm and εd = 1.14 in (c), where εd is the relative permittivity of the innermost
dielectric region.



Progress In Electromagnetics Research, Vol. 168, 2020 19

found in Figures S3 and S4 in the supporting information. To achieve the superscattering in various
environments, the related geometrical and material parameters, such as ρ1, ρ2, and εd in Figure 2,
are chosen as the free parameters during the structural optimization. To be specific, the designed
subwavelength structures are optimized by the simulated annealing algorithm and by following our
previous works of superscattering [27, 34]. In Figure 2, the structural optimization mainly maximizes
the scattering contribution from channels with m = ±1 and m = ±2 at a frequency within the first
reststrahlen band of BN.

After the structural optimization, we show in Figure 2 the total cross section for the superscattering
in different environments. Figures 2(a)–(c) show that if the environment has a lower value of n, the
FWHM (full width at half maximum) of the peak for the total cross section would become narrower.
This indicates that the superscattering phenomenon in lower-index environments is more sensitive to the
working frequency. Regarding the frequency, we are mainly interested in the narrow frequency range
having the superscattering phenomenon. Within such a narrow working bandwidth, the frequency
dispersion for environments is generally negligible. Moreover, the peak value of total cross section
reaches 4/n1 · 2λ0/π = 4 × 2λ0/π at 23.41 THz in Figure 2(a), 4/n2 · 2λ0/π = 8 × 2λ0/π at 23.15 THz
in Figure 2(b), and 4/n3 · 2λ0/π = 13.3 × 2λ0/π at 22.94 THz in Figure 2(c). The results in Figure 2
then numerically prove that the superscattering at a lower-index environment can give rise to a larger
total cross section. More discussion about the influence of environment’s refractive index variation on
the superscattering phenomenon is given in Figure S5. In addition, we also show in Figure S5 in the
supporting information the superscattering phenomenon in low-index environments with εr �= μr.

Figure 3 provides another way to understand the influence of environments on the superscattering
in Figure 2, by correspondingly showing the field distribution [Figures 3(a)–(c)] and the scattering cross
section per azimuthal angle [Figures 3(d)–(f)]. Figures 3(a)–(c) show that the incident plane waves are
severely disturbed in the forward direction. As such, a clear “shadow” emerges behind the scatterer.

(a) (b) (c)

(d) (e) (f)

Figure 3. Near-field and far-field demonstration of superscattering in low-index environments. (a)–
(c) Distributions of magnetic field Hz around the scatterer and (d)–(f) scattering cross sections per
azimuthal angle in the far field at (a), (d) 23.41 THz, (b), (e) 23.15 THz and (c), (f) 22.94 THz. These
three frequencies correspond to the peak frequencies of the total cross section in Figures 2(a)–(c),
respectively. λ0 = 2πc/ω in (a)–(c) is the operating wavelength in free space, where the value of
frequency is indicated in each panel. The structural setups in (a), (d), (b), (e) and (c), (f) are the same
as those in Figure 2(a), Figure 2(b) and Figure 2(c), respectively. The incident TM waves propagate
from left to right in (a)–(c). The radial length in (d)–(f) represents the magnitude of cross section per
azimuthal angle and is in unit of 2λ0/π. The flow of the Poynting vectors in (a) and (b) are schematically
shown in Figure 1(b) and Figure 1(d), respectively.
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Moreover, the “shadow” would become more significant if the environment has a lower value of n.
Figures 3(d)–(f) show that the scattered waves appear mostly in the forward direction, in accordance
with Figures 3(a)–(c). The underlying reason for these scattering phenomena, as given in our previous
works about superscattering [27, 34], is that the scattering fields from channel |m| = 1 are in-phase in
the forward direction but out-of-phase in the backward direction with the scattered fields from channel
|m| = 2 [27]. Such a phase difference between scattered fields from different channels then leads to the
constructive (destructive) interference in the forward (backward) direction.

3.2. Superscattering from BN-Based Rod in Different Environments

We discuss in Figure 4 the possibility to use another subwavelength metal-based structure to realize
the superscattering of TM waves in environments with n ≤ 1. To be specific, the subwavelength rod
is constructed by a three-layered (i.e., metal-dielectric-metal) structure; see the inset of Figure 4(a).
After structural optimization, the metal-based subwavelength rod can also achieve the superscattering in
various environments, such as n1 = 1 in Figure 4(a), n2 = 0.5 in Figure 4(b), and n3 = 0.3 in Figure 4(c).
Correspondingly, the related field distribution and the scattering cross section per azimuthal angle for
the superscattering in Figure 4 are shown in Figure S6 in the supporting information. The main results
in Figure 4 are in accordance with those in Figure 2. Both Figures 2 and 4 indicate that the degenerate
polaritonic resonance can facilitate the realization of superscattering in various environments.

(a) (b) (c)

Figure 4. Superscattering in low-index environments induced by the degenerate resonance of metal
plasmons. (a)–(c) Total cross sections of the subwavelength scatterers in the environment with (a)
n1 = 1, (b) n2 = 0.5 and (c) n3 = 0.3. The basic structural setup is shown in the inset of (a). ρ1,
ρ2 − ρ1 and ρ3 − ρ2 are the radius of innermost metal, the thickness of dielectric, and the thickness of
outmost metal, respectively. After the structural optimization, we have ρ1 = 0.095λp, ρ2 = 0.131λp,
ρ3 = 0.203λp and εd = 2.7 in (b), ρ1 = 0.026λp nm, ρ2 = 0.057λp, ρ3 = 0.276λp and εd = 2.4 in (b),
ρ1 = 0.036λp, ρ2 = 0.142λp, ρ3 = 0.328λp and εd = 2.7 in (c), where εd is the relative permittivity of
dielectric, λp = 2πc/ωp, and ωp is the plasma frequency of metals (e.g., copper).

During the structural optimization, one may also choose to maximize the scattering contribution
from more channels so that one can obtain a larger total cross section for tiny object. For example,
as a complementary information for Figures 2 and 4, Figures S7 and S8 in the supporting information
show the superscattering in environments with n < 1 by maximizing the contribution from channels
with m = ±1, m = ±2, and m = ±3. Moreover, in addition to the 2D superscattering, it is also
possible to realize the 3D superscattering in low-index environments, as shown in Figure S9 in the
supporting information. Finally, the superscattering in a realistic low-index environment is also studied
in Figure S10 in the supporting information, where we use a metal-based parallel-plate waveguide to
model the low-index environment at the microwave regime. Due to the feasibility and convenience to
construct the parallel-plate waveguide, the results in Figure S10 in the supporting information may
stimulate further experimental verification.
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4. CONCLUSION

In conclusion, we theoretically realize the superscattering in environments with non-unity refractive
index and systematically discuss the influence of environments on the superscattering. We reveal that
since the environment with a lower refractive index can enable a larger single-channel limit, it can
give rise to a larger total cross section for the superscattering phenomenon. As such, the simultaneous
maximization of the single-channel limit and the contribution from many channels can be a combined
strategy to flexibly tailor the scattering from tiny object. Such a combined design strategy for the
extremely large electromagnetic scattering should be valuable to various practical applications, such as
energy-harvesting, sensing, imaging, etc.

SUPPORTING INFORMATION

This part provides the discussion of the influence of loss on the superscattering, more examples of
superscattering in low-index environments, more information for the superscattering in Figure 4, and
superscattering in low-index environments by maximizing the contribution from more channels. The
supporting figures can be found at the end of the paper.
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Section S1. The influence of loss on the superscattering

This section discusses the influence of loss on the superscattering, and it serves as the

complementary information for Figures 2 and 4.

The influence of BN’s loss on the superscattering in Figure 2

The hexagonal boron nitride (BN) has two reststrahlen bands, namely 22.3-24.5 THz for the

first reststrahlen band and 41.1-48.2 THz for the second reststrahlen band. In this work, the

experimental data for the relative permittivity of BN is adopted47, 48, S1, S2. In short, BN’s

relative permittivity can be modelled by

𝜀𝑙 = 𝜀𝑙 ∞ + 𝑠𝑣,𝑙
𝜔
𝑣,𝑙
2

𝜔
𝑣,𝑙
2 −𝑖𝛾ν,𝑙𝜔−𝜔

2 , 𝑙 =⊥ , ∥ (S1)

where the subscripts ⊥ and ∥ refer to the component of permittivity perpendicular and parallel

to the plane of each BN layer, respectively. Here we set the plane of each BN layer parallel to
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the interface in Figures 2 and 3. For the in-plane permittivity, 𝜀𝑙 ∞ =4.87, the real-valued

constant 𝑠𝑣,𝑙=1.83 (dimensionless coupling factor), the normal frequency of vibration

ℏ𝜔𝑣,𝑙=170.1 meV, and the amplitude decay rate ℏ𝛾ν,𝑙=0.87 meV. For the out-of-plane

permittivity, 𝜀𝑙 ∞ =2.95, 𝑠𝑣,𝑙=0.61, ℏ𝜔𝑣,𝑙=92.5 meV, ℏ𝛾ν,𝑙=0.25 meV.

For conceptual clarity, the imaginary part of BN’s permittivity in Figure 2 is artificially

neglected. As the complementary information for Figure 2, we consider the realistic complex

value of BN’s permittivity in Figure S1. In addition to the value of BN’s permittivity, the

other setup in Figure S1 are the same as Figure 2. While the BN’s loss would decrease the

total cross section at the frequency of superscattering, the phenomenon of superscattering can

survive under the consideration of realistic BN’s loss.

Figure S1. Influence of BN’s loss on the superscattering in low-index environments. The

realistic complex value of BN’s permittivity from experiments[50,51,S1,S2] is considered here. In

addition to BN’s permittivity, the other setup in (a), (b) and (c) are the same as that in Figure

2(a), (b), and (c), respectively. The phenomenon of superscattering still exists under the

consideration of BN’s loss.
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The influence of metal’s loss on the superscattering in Figure 4

For metals, we model their relative permittivity by the Drude model, namely 𝜀m = 1 − 𝜔𝑝
2/

(𝜔2+𝑖𝛾𝑑𝜔). We adopt copper in the design of metal-based superscatterer in Figure4. Based on

some experimental data49, S3, S4, copper’s plasma frequency is 𝜔𝑝/2𝜋 = 1.8 × 103 THz, and

its decay rate is 𝛾𝑑 = 0.0012𝜔𝑝 . For conceptual clarity in Figure 4, the value of 𝛾𝑑 is

artificially set to be zero. As the complementary information for Figure 4, the value of 𝛾𝑑 =

0.0012𝜔𝑝 is applied in Figure S2. In addition to the value of metal’s permittivity, the other

setup in Figure S2 are the same as Figure 4. Figure S2 shows that the superscattering can

survive under the consideration of realistic metal’s loss.

Figure S2. Influence of metal’s loss on the superscattering in low-index environments. The

realistic complex value of metal’s permittivity from experiments49, S3, S4 is considered here. In

addition to metal’s permittivity, the other setup in (a), (b) and (c) are the same as that in

Figure 4(a), (b), and (c), respectively. The superscattering still exists in the presence of

metal’s loss.

Section S2. More examples of superscattering in low-index environments
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As the complementary information for Figures 2 and 4, Figures S3 and S4 show the

superscattering from subwavelength structures in the environment with 𝑛 = 0.1 . By

maximizing the scattering contribution from channels with 𝑚 =± 1 and 𝑚 =± 2 , Figures

S3-S4 show that the total scattering cross section of the designed superscatterers at the

frequency of superscattering can reach 40 × 2λ0/𝜋 in the environment with 𝑛 = 0.1 . In

addition, the phenomenon of superscattering in Figures S3 and S4 is more sensitive to the

working frequency than those in Figures 2 and 4.

Figure S3. Superscattering in the environment with 𝑛 = 0.1 induced by the degenerate

resonance of BN’s phonon polaritons. After the structural optimization, we have 𝜌1 =

1.80 μm , 𝜌2 = 2.84 μm , and 𝜀𝑑 = 4.38 for the scatterer. (a) Total cross section. (b)

Distribution of magnetic field 𝐻𝑧 around the scatterer at 23.544 THz. (c) Scattering cross

section per azimuthal angle in the far field at 23.544 THz.
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Figure S4. Superscattering in the environment with 𝑛 = 0.1 induced by the degenerate

resonance of metal plasmons. After the structural optimization, we have 𝜌1 = 0.035λ𝑝, 𝜌2 =

0.182λ𝑝 , 𝜌3 = 0.453λ𝑝 , and 𝜀𝑑 = 2.9 for the scatterer. (a) Total cross section. (b)

Distribution of magnetic field 𝐻𝑧 around the scatterer at 0.952𝜔𝑝 . (c) Scattering cross

section per azimuthal angle in the far field at 0.952𝜔𝑝.

Besides, Figure S5(a) shows that the superscattering phenomenon always exists even if the

low-index environment has a reasonable variation of refractive index. To be specific, the

variation of refractive index (which is equivalent to the consideration of frequency dispersion)

in the low-index environment mainly slightly shift the working frequency of superscattering.

Moreover, since the superscattering phenomenon is induced by degenerate resonances, the

superscattering phenomenon happens in a very narrow frequency range; see for example in

Figure S5(a). Since we are interested in the frequency having the superscattering phenomenon,

the frequency dispersion of the environment within the interested narrow frequency range is

generally negligible. In addition, the requirement of 𝜀𝑟= 𝜇𝑟 for the environment is not a

strictly necessary condition for the realization of superscattering in low-index environment.

For example, we also show in Figure S5(b) the superscattering phenomenon in low-index
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environments with 𝜇𝑟 = 1 and 𝜀𝑟 < 1.

Figure S5. (a) Influence of environment’s refractive index variation on the superscattering

phenomenon. The basic structural setup is the same as that in Fig. 2(b), except for the

refractive index of environment. Here 𝜀r = 𝜇r . (b) Superscattering in low-index

environments with 𝜀r ≠𝜇 r . To be specific, here we set 𝜇r = 1 and 𝜀r = 0.3 . The basic

structural setup is similar to that in Fig. 2(b) by setting 𝜌1 = 1.58 μm, 𝜌2 = 2.72 μm, and

𝜀𝑑 = 4.29.

Section S3. More information for the superscattering in Figure 4

Figure 4 shows the superscattering in low-index environments induced by the degenerate

resonance of metal plasmons. Figure S6 provides another way to understand the influence of

environments on the superscattering in Figure 4, by correspondingly showing the field

distribution [Figure S6(a-c)] and the scattering cross section per azimuthal angle [Figure

S6(d-f)].
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Figure S6. Near-field and far-field demonstration of superscattering in low-index

environments induced by the degenerate resonance of metal plasmons. (a-c) Distributions of

magnetic field 𝐻𝑧 around the scatterer and (d-f) scattering cross sections per azimuthal angle

in the far field at (a, d) 0.612𝜔𝑝, (b, e) 0.785𝜔𝑝 and (c, f) 0.867𝜔𝑝. These three frequencies

correspond to the peak frequencies of the total cross section in Figure 4(a-c), respectively. The

structural setups in (a, d), (b, e) and (c, f) are the same as those in Figure 4(a), (b), and (c),

respectively. The incident TM waves propagate from left to right in (a-c).

Section S4. Superscattering in low-index environments by maximizing the contribution

from more channels

As the complementary information for Figures 2 and 4, we provide the examples of

superscattering in low-index environments by maximizing the scattering contribution from

more channels, such as 1 ≤ 𝑚 ≤ 3 and 𝑛 = 0.5 in Figures S7 and S8. Then Figures S7 and

S8 show that the total cross section for the designed subwavelength scatters can reach 12 ×

2λ0/𝜋 at the frequency of superscattering.
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Figure S7. Enhanced superscattering in low-index environments induced by the degenerate

resonance of BN’s phonon polaritons. This figure serves as the complementary information

for Figure 2. The basic structural setup here is similar to that in Figure 2, and we set 𝑛 = 0.5.

During the structural optimization, we maximize the scattering contribution from channels

with 𝑚 =± 1 , 𝑚 =± 2 , and 𝑚 =± 3 . After the structural optimization, we have 𝜌1 =

0.74 μm , 𝜌2 = 5.12 μm , and 𝜀𝑑 = 1.33 for the scatterer. (a) Total cross section. (b)

Distribution of magnetic field 𝐻𝑧 around the scatterer at 22.45 THz . (c) Scattering cross

section per azimuthal angle in the far field at 22.45 THz.

Figure S8. Enhanced superscattering in low-index environments induced by the degenerate

resonance of metal plasmons. This figure serves as the complementary information for Figure

4. The basic structural setup here is similar to that in Figure 4, and we set 𝑛 = 0.5. During the
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structural optimization, we maximize the scattering contribution from channels with 𝑚 =± 1,

𝑚 =± 2 , and 𝑚 =± 3 . After the structural optimization, we have 𝜌1 = 0.272λ𝑝 , 𝜌2 =

0.287λ𝑝 , 𝜌3 = 0.304λ𝑝 , and 𝜀𝑑 = 3.4 for the scatterer. (a) Total cross section. (b)

Distribution of magnetic field 𝐻𝑧 around the scatterer at 0.714𝜔𝑝 . (c) Scattering cross

section per azimuthal angle in the far field at 0.714𝜔𝑝.
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